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CAC NOQI DUNG ON TAP TOAN LOP 9

VAN PE I: RUT GON BIEU THUC

Ciu 1: Rat gon céc biéu thirc sau:
3 13 6

2443 4B B

a) A=

vo1x>0; y>0; x#y

d) D=(3V2+6)\6-3V3

Céu 2: Cho biéu thirc
1 N 1 )2.x2 -1

Jx-1 Jx+l 2
1) Tim diéu kién cua x dé biéu thirc A ¢ nghia.
2) Rit gon biéu thic A .
3) Giai phuong trinh theo x khi A =-2 .
a\/g—l_a a+l]_ a+?2
a—Ja a+-a | a-2

a) V&i nhitng gia tri nao cua a thi A xac dinh.

b) Rut gon biéu thic A.

¢) V6inhiing gia tri nguyén nao cua a thi A c¢6 gia tri nguyén.
Cau 4:

a) Rut gon biéu thic:

22
A=+45-20;B=" n+n;C=[ L 1 }:XH (vo1x >0;x=1)

A:( - 1—)62

Cau 3: Cho biéu thic: A = (

m+n \/;—1 \/;+1 x—1
b) Chimg minh ring 0 < C <1

CﬁuS:Chobiéuthfch={\/l/Zl— lf]{fl -+ 2J (@>0; a#1)
a+ a—~Nda a+ a—

a) Rut gon Q.
b) Tinh gid tri cha Q khia=3 +2+/2.

¢) Tim céac gia tri cua Q sao cho Q <0.
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A P Ji-1 1 8 3Wx -2
Cau 6: Cho biéu thirc P = — 1= :
. o PIet e (3&—1 3ral 9x-1 3Wx+1

a) Tim diéu kién cta x dé P c6 nghia.
b) Rut gon P.

¢) Tim cac gia tri chax dé P = g :
A . X , 2x Jx o 3x+3) (2dx -2
Cau 7: Cho biéu thuc P = - — ; :
(\/§+3 Jx -3 x—9J { Jx+3 ]
a) Tim diéu kién cta x dé P c6 nghia.
b) Rut gon P.

c¢) Tim céc gia tri nguyén cia x dé P co gié tri nguyén.

n 2, 1 2Wx -2 1 2 .
C\au 8: Cho biéu thuc P = - : - VOl X >20;x#1.
(\/;H xJ;_J;H_J (x/;—l x—lj *

a) Rut gon P.
b) Tim cac gia tri nguyén cua x dé P ¢6 gia tri nguyén.

¢) Tim GTNN cua P va gié tri tuong ing cuia Xx.

Cﬁu9:Chobiéuth1’rcP=(\/;_2— Jx+2 M 2 jvé’ixZO;x;tl.

x—1 x+2J;+1 x*—=2x+1
a) Rut gon P.
b) Tim cac gia tri ctia x d¢ P > 0.
¢) Tinh gié tri cia P khi x =7 - 44/3.

d) Tim GTLN cua P va gia tri tuong ing cua x.

VAN DE II: GIAI PHUONG TRINH — HE PHUONG TRINH

Cau 1: Giai phuong trinh va hé phuong trinh:

_ =2
) X 1+1:X+1 b) {x y
2 4 X-y=5
Cau 2: Giai cac phuong trinh sau :
a) L, 3 b) x*+3x>-4=0 C) 2x*=3x+1=0.
x—2 6-x
Cau 3: Giai pt va hé phuong trinh sau:
3x +2y =5
a) {xﬂ}:?’ b) 15 c) V2 -52x+42 =0
xX+2y=6 X-Y=—

2
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Ciru 4: Cho phuong trinh bac hai: x> ++/3x—+/5=0 va goi hai nghiém ctia phuong
trinh 13 x; va x2. Khong giai phuong trinh, tinh gia tri ciia cac biéu thirc sau:
1 1 2 2
a) —2+—2 b) X +x2
1 X

Q) <+ D) x4
1 X

Céu 4: Giai phuong trinh, hé phuong trinh, bat phuong trinh sau:
a)6-3x>-9 b)§x+1=x-5 c)2(x+1)=4-x

1.1,

d) 2-Vx)1+vx)=—x+5 e) ;C Z
—+—=35
Xy
Ciu 5: Cho phuong trinh bac hai an sd x: x2-2(m + 1)x +m-4=0 (1).
a) Giai phuong trinh (1) khi m = -5.
b) Chirng minh phuong trinh (1) luén c¢6 hai nghi¢m phan bi¢t xi; x2 vo1 moi
gia tri cua m.
¢) Tim GTNN cua bicu thitc M = |x, —x,|.
Céu 6: Cho phuong trinh bac hai an s6 x: x%-2mx -m?- 1 =0. (1)
a) Chirng minh phuong trinh (1) luén luén c6 hai nghiém phan biét véi moi gia
tri cia m.
b) Hay tim mot hé thirc lién h¢ gilta hai nghiém xi, x> cia phuong trinh ma
khong phu thudc vao m.

\ ) ~ A XX 5
¢) Tim m théa man hé thrc - +=2=-=.
X, X 2

Ciu 7: Cho phuong trinh bac hai 4n sd x: x> - 2(m + 1)x + m-4=0. (1)

a) Chtirng minh phuong trinh (1) luén luén c6 hai nghiém phan biét véi moi gia
tri ca m.

b) Goi x1, x2 14 hai nghi¢ém phan biét cua phuong trinh (1).

Tim m dé 3( x1 + X2 ) = 5X1.X2.
Cau 8: Cho phuong trinh x?-2(m- 1)x +2m-5=0

a) Chtng minh rang phuong trinh ludn c6 hai nghiém phén biét voi moi gia tri
cua m.

b) Tim m dé phuong trinh c6 hai nghiém trai dau. Khi d6 hai nghiém mang dau

gi?
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¢) Tim GTLN cua biéu thirc A = 4x;x; - xi2 - x2%.

Céu 9: Cho Phuong trinh bac hai 4n sd x: x2-4x-m*-1=0 (1)

a) Chtirng minh phuong trinh (1) luén c6 nghiém véi moi gia tri cua m.

b) Tinh gia tri biéu thirc A = x;% + x22 biét 2x; + 3x2 = 13, (x1, X2 13 hai nghiém
cua phuong trinh (1)).
Céu 10: Cho phuong trinh bac hai 4n s x: x2-(m- 1)x-m?+m-2=0 (1)

a) Ching minh phuong trinh (1) luén c¢6 hai nghi¢ém phan biét v&1 moi gia tri
cua m.

b) Tim nhiing gi4 tri ciia m dé phuong trinh (1) c6 hai nghiém trai dau.

¢) Goi x1; X2 14 hai nghiém ctia phuong trinh (1). Tim m dé x;3 + x2* > 0.
Céu 11: Cho phuong trinh: x* - mx + m - 1 =0 (m la tham s6).

a) Chirng t6 phuong trinh luén c6 hai nghiém xi, x> vd1 moi gia tri cia m. Tinh
nghiém kép (néu c6) cua phuong trinh.

b) Tim m sao cho phuong trinh ¢6 nghiém nay gip hai 1an nghiém kia.

c) bat A = x)2 + x2? - 6x1xa.

1. Timm dé A = 8.

2. Tim gié tri nho nhat cia A.
Cau 12: Cho phuong trinh: x2—2(2m + 1)x +2m -4 =0.

a) Giai phuong trinh khi m = 1 va ching to tich hai nghiém cua phuong trinh

ludn nho hon 1.
b) C6 gié tri ndo cua m dé phuong trinh c¢6 nghiém kép khong?
¢) Goi x1, X2 13 hai nghiém ctia phuong trinh, chimg minh rang biéu thirc:
M = x1(1 — x2) + x2(1 — x1) 1a mot hang sb.
Cau 13: Cho phuong trinh x*> - (m - 1)x -m? + m - 2 = 0.

a) Ching minh rdng véi moi gia tri cia m phuong trinh luén ¢6 hai nghiém trai

dau.

b) Tim gia tri nho nhét cua téng x,2 + xo?, trong d6 xi, X2 13 hai nghiém cia

phuong trinh.

¢) Tim m dé x; = 2xo.

VAN DE III: HAM SO VA PO THI

Ciu 1: a) V& db thi (P): y = -2x2.
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b) Lay 3 diém A, B, C trén (P), A c6 hoanh d6 1a -2, B c6 tung do 1a — 8,

C c6é hoanh dg 1a — 1. Tinh dién tich tam gidc ABC. Em c6 nhan xét gi vé canh
AC cua tam giac ABC
Cau 2:
a) V& d6 thi ham s6 : y = -2x2
b) Viét phuong trinh dudng thang qua 2 diém A(1; 4) va B(-2; 1)
Cau3:Chohamsby=x*>va y=x+2
a) V& d6 thi ctia cac ham sb nay trén cung mot mat phang toa do Oxy
b) Tim toa d6 cac giao diém A,B cua db thi hai ham sb trén bf?lng phép tinh.
c) Tinh di¢n tich tam gidc OAB
Ciu 4: Trong mit phang toa dd Oxy, cho duong thiang (d): y= (k—1)x+4 (k 1a tham
s0) va parabol (P): y=x>.
a) Khi k =2, hay tim toa d6 giao diém ciia duong thang (d) va parabol (P);
b) Chimg minh ring voi bat ky gia tri ndo cta k thi duong thing (d) ludn cat parabol
(P) tai hai diém phan biét;
¢) Goi y1; y2 1a tung d6 cac giao diém cta dudng thang (d) va parabol (P). Tim
k sao cho: y,+y,=y,y, .

Céu 5: Chohamsb : y = %xz

1) Néu tap xéac dinh, chiéu bién thién va vé dd thi ctia ham sé.
2) Lap phuong trinh dudng thing di qua diém (2 , -6) c6 hé sb glc a va tiép xuc
v6i d6 thi ham sb trén .
, 2
Cau 6: Cho ham so6: y:% vay=-x-—1
a) V¢ dd thi hai ham s trén cung mat hé truc toa do .
b) Viét phuong trinh cac dudng thing song song véi duong thing y =-x — 1 va
’ \ , 2 5
cat do thi ham s6 y = XT tai diém co6 tung do 1a 4 .
Ciu 7: Cho duodng thang (d) c6 phuong trinh: y = 3(2m + 3) — 2mx va Parapol (P) ¢6
phuong trinh y = x2,
a) Binh m dé ham s y = 3(2m + 3) — 2mx lu6n luén dong bién.
b) Bién luan theo m sd giao diém cua (d) va (P).
¢) Tim m dé (d) cit (P) tai hai diém c6 hoanh d6 cung dau.

Ciu 8: Trong mit phang toa do cho diém A (—1; 2) va duong thang (d1): y = -2x +3
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a) Ve (d1). bBiém A c6 thude (d1) khong? Tai sao?

b) Lap phuong trinh dudng thang (d2) di qua diém A va song song voi dudng
(d1). Tinh khoang céch giita hai duong thang (d1) va (d2).
Ciu 9: Cho cac duong thang c6 phuong trinh nhu sau: (d1): y =3x + 1, (d2): y =
2x—1va(d3):y=@-m)> . x + m—5 (vdi m # 3).

a) Tim toa d6 giao diém A cua (d1) va (d2).

b) Tim céac gia tri cia m dé cac dudng thang (d1), (d2), (d3) déng quy.

¢) Goi B 1a giao diém cta duong thang (d1) véi truc hoanh, C 1a giao diém cia
duong thang (d2) véi truc hoanh. Tinh doan BC.

VAN DE IV: GIAI BAI TOAN BANG CACH LAP PT VA HPT

Céu 1: Hai gia sach c6 450 cudén. Néu chuyén tir gia thir nhat sang gia thir hai 50
cudn thi sd sach ¢ gia thi hai bang % s6 sach & gia thir nhat. Tim s sach luc dau &
moi gia.

Céu 2: Mot doan xe van tai nhan chuyén chd 15 tan hang. Khi sap khoi hanh thd 1 xe
phai diéu di 1am cong viéc khac, nén mdi xe ciin lai phai ché nhiéu hon 0,5 tin hang
so v6i du dinh. Hoi thuc té co bao nhiéu xe tham gia van chuyén. (biét khdi luong
hang mdi xe chd nhur nhau)

Ciru 3: Hai voi nudc cung chay vao 1 cai bé khong c6 nude trong 6 gio thi day bé.
Néu dé riéng voi thir nhét chay trong 2 gio, sau d6 dong lai va md voi tha hai chay
tiép trong 3 gid nira thi dugc 2/5 bé. Hoi néu chay riéng thi mdi voi chay day bé trong
bao 1au?

Cau 4: Mot nguoi di xe may khai hanh tir Hoai An di Quy Nhon. Sau dé 75 phut,
trén cung tuyén duong d6 mot O t6 khoi hanh tir Quy Nhon di Hoai An véi van toc
16n hon van tdc ctia xe may 1a 20 km/gio. Hai xe gip nhau tai Phu Cat. Tinh van toc
ctia mdi xe, gia thiét raing Quy Nhon cach Hoai An 100 km va Quy Nhon cach Phu
Cat 30 km.

Cau 5: Mot O t6 khach va mot O to tai cing xuat phat tir dia diém A di dén dja diém
B duong dai 180 km do van tdc ctiia O t6 khach 16n hon O t6 tai 10 km/h nén O to
khach dén B trudc O t6 tai 36 phat. Tinh van tdc ctia mdi O to. Biét rang trong qua
trinh di tir A dén B van tdc cua mbi O t6 khong dbi.

Céu 6: Mot mé t6 di tir thanh phd A dén thanh phd B vé6i van tdc va thoi gian d6 du
dinh. Néu mo t6 ting van toc thém 5km/h thd dén B sém hon thoi gian dy dinh 13 20
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phat. Néu mo t6 giam van toc Skm/h thi dén B cham hon 24 phut so vai thot gian du

dinh. Tinh d6 dai quang dudng tir thanh phd A dén thanh phé B.

Céu 7: Mot ca nd xudi dong tir bén song A dén bén song B cach nhau 24 km ; cung
luc do, cling tor A vé B mot bé nira troi v6i van tde dong nudc 1a 4 km/h. Khi dén B
ca nd quay lai ngay va gip bé nira tai dia diém C cach A 13 8 km. Tinh vén téc thuc
cua ca no.

Céu 8: Khoang cach giita hai thanh phd A va B 1a 180 km. Mot O t6 di tir A dén B,
nghi 90 phit & B, rdi lai tir B v& A. Thoi gian luc di dén luc tro vé A 1a 10 gio. Biét
van tdc lac vé kém van tde lac di 1a 5 km/h. Tinh vén tde Lac di cta O to.

Céiu 9: Cho mot thira rudng hinh chir nhat ¢6 dién tich 100m?. Tinh d6 dai cic canh
ctia thira rudng. Biét rang néu ting chiéu rong cta thira ruéng 1én 2m va giam chiéu

dai cua thira rudong di Sm thi dién tich cua thira ruéng tang thém 5m?2.

VAN BE V: HINH HOC

Cau 1: Tir mot diém A nam ngoai duong tron (O)vé coc tiép tuyén AB, AC véi (O)
(B, C 1a cac tiép diém). Ké day CD // AB, tia AD cit (O) tai E (E khac D).

1) Chimg minh t&r giac ABOC ndi tiép.

2) Chimg minh ACB = 40C

3) Chimg minh AB?= AE.AD

4) Tia CE cit AB tai I .Ching minh IA =1B
Céu 2: Cho nira duong tron tdm O, dudng kinh BC. Piém A thudc nira dudng tron
d6. Dung hinh vuéng ABCD thudc nira mit phang bd AB, khong chira dinh C. Goi F
1a giao diém cua AE va nia duong tron (O). Goi K 14 giao diém cua CFva ED.

a. Chung minh rﬁng 4 diém E, B, F, K nam trom mot dudng tron

b. Tam gidc BKC la tam giac gi ? Vi sao. ?
Ciu 3: Cho duong tron tdm O ban kinh R, hai diém C va D thudc dudng tron, B 1a
trung diém cua cung nho CD. Ké duong kinh BA ; trén tia ddi cta tia AB 13y diém S,
ndi S véi C cét (O) ta1 M; MD cit AB tai K; MB cét AC tai H.

a) Ching minh Bl@ID = BZZS{C , tir 6 => ttr giac AMHK noi tiép.

b) Chimg minh : HK // CD.
¢) Chirng minh : OK.OS =R2,
Ciu 4: Cho tam giac c6 ba goc nhon ABC ndi tiép duong tron tdm O. H 13 tryc tdm

ctia tam giac. D 1a mot diém trén cung BC khong chtra diém A.
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a) Xac dinh vi tri ctia diém D dé to gidc BHCD la hinh binh hanh.

b) Goi P va Q 1an luot 1a cac diém ddi xung cia diém D qua cic dudng thing AB
va AC . Chung minh rang 3 diém P; H; Q thang hang.

¢) Tim vj tri cta diém D dé PQ c6 d6 dai 16n nhat.
Ciau5: Cho duong tron (O) dudng kinh AB = 2R va C 1a mét diém thudc duong tron
(C#A4;C=#=B). Trén nra mat phéing bd AB c¢6 chia diém C, ké tia Ax tiép xuc voi
duong tron (0), goi M 1a diém chinh gitta ctia cung nhé AC. Tia BC cit Ax tai Q, tia
AM cit BC tai N.

a). Ching minh cac tam gidc BAN va MCN can .

b). Khi MB = MQ, tinh BC theo R.
Céu 6: Cho ~4BC cin tai A v6i AB > BC. Piém D di dong trén canh AB,(D khong
tring v6i A, B). Goi (O) 1a dudng tron ngoai tiép »BCD . Tiép tuyén cua (O) tai C va
D cit nhau 6 K .

a) Ching minh tt giac ADCK noi tiép.

b) Tu gidc ABCK 1a hinh gi? Vi sao?
¢/. Xac dinh vi tré diém D sao cho ti gidc ABCK 1a hinh binh hanh.
Cau: Cho nira dudng tron tam O duong kinh AB=2R. C 1 trung diém ctia doan AO,
duong thing Cx vudng goc véi AB, Cx cat nira duong tron (O) tai I K 1a mot diém
bat ky nam trén doan CI (K khac C; K khac I), Tia Ax cét nira duong tron dé cho tai
M. Tiép tuyén v6i1 ntra dudong tron tai M cit Cx tai N, tia BM cét Cx tai D.

a) Chimg minh bon diém A, C, M, D cung thudéc mdt duong tron.

b) Chirng minh tam giéc MNK 1a tam giac can.
¢) Tinh dién tich tam gidc ABD khi K 14 trung diém ciia doan thang CI.

d) Khi K di dong trén doan CI thi tdim cta duong tron ngoai tiép tam giac ADK di

chuyén tron dudng nao?

Ciu 8: Cho duong tron (O) va hai diém A, B phan biét thudc (O) sao cho duong
thang AB khong di qua tam O. Trén tia ddi cua tia AB 1ay diém M khéc A, tir M ké
hai tiép tuyén phan biét ME, MF véi duong tron (O) (E, F 1a cac tiép diém). Goi H 1a
trung diém cua ddy cung AB. Cac diém K va I theo tht tu 13 giao diém cua dudng
thang EF véi cac dudng thang OM va OH.

1/ Chirng minh 5 diétm M, O, H, E, F cung nam trén mot duodng tron.
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2/ Chuirng minh: OH.OI = OK. OM

3/ Chtrng minh: 1A, IB 1a cac tiép diém cua dudng tron (O)

Céu 9: Cho tam giac ABC can tai A, ndi tiép dudng tron (O). Ké dudng kinh AD.
Goi M 1a trung diém cta AC, I 1a trung diém cua OD.
a) Chung minh: OM // DC.
b) Ching minh tam giac ICM can.
¢) BM cit AD tai N. Chimg minh IC2 = IA.IN.
Céu 10: T diém P ¢b dinh nim ngoai dudng tron (O;R) ké hai tiép tuyén PA, PB (A,
B 12 hai tiép diém) va mot cat tuyén PMN (M nam gitra P va N) v6i dudng tron (O).
Goi K 13 trung diém cua doan thang MN, BK cit duong tron (O;R) tai F. Chimg minh
rang:
a) Tu giac PAOB noi tiép duge mot dudng tron. Xac dinh ban kinh duong tron do.
b) PB?=PM.PN.
c) AF//MN.
d) Khi duong tron (O) thay d6i va di qua diém M, N ¢b dinh thi hai diém A, B

thudéc mot dudong tron.

e)

MOT SO BO PE LUYEN TAP

PE:I
) 3
Bai 1: Cho bidu thie P = | 2¢*1 __ Na | ”J“_-JZ
3\/61_3_1 a+va+1)| 1+va

a) Rut gon P

b) Xét dau clia biéu thirc P.1-a
Bai2: Gidi bai todn bang cdch ldp phirong trinh
M5t ca nd xudi tir A dén B véi van tdc 30km/h, sau do lai ngoc tr B vé A. Thoi gian
xudi it hon thoi gian nguoce 1h20 phat. Tinh khoang cach gitta hai bén A va B biét
rang van toc dong nude 1a Skm/h va van tdc riéng cua ca nd khi xudi va nguogc la

bang nhau.
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Bai 3: Cho tam giac ABC can tai A, 2:3{ <90°, mot cung tron BC ndm trong tam gidc

ABC va tiép xtic voi AB,AC tai B va C. Trén cung BC ldy mot diém M r6i ha dudng
vudng goc MI,MH,MK xuébng cac canh twong tmg BC,AB,CA. Goi P 1a giao diém
ciia MB, IK va Q 1a giao diém caa MC, IH.
a) Chtng minh rang cac t& giac BIMK,CIMH nbi tiép duoc
b) Chimg minh tia d6i cua tia MI 1 phan giac ctia goc HMK
¢) Chimg minh t&r gidc MPIQ noi tiép duoc. Suy ra PQ/BC
d) Goi (O7) l1a duong tron di qua M,P,K,(O») l1a dudong tron di qua M,Q,H; N la
giao diém thir hai cia (O1) va (O2) va D 1a trung diém cua BC. Chimg minh M,
N, D thang hang.
Bai 4: Tim tat ca cac cap s (x;y) thoa man phuong trinh sau:
5x-2x2+ )+ +1=0

DE:I1

. o 1 1 Ja+1 Ja+2

Bail: Chobiéuthtc A= | ———-——|: -

- (6—1 \/Z] [\/Z—z \/Z—J
a) Rat gon A

b) Tim GT cta a dé A>1/6
Bai2: Cho phuong trinh x2-2(m+2)x+m+1=0 (an x)

a) Giai phuong trinh khi m = -%

b) Tim cac GT cua m dé phuong trinh c6 hai nghiém trai dau
¢) Goi x1,x2 14 hai nghiém ctia phuong trinh. Tim GTcta m dé :
x1(1-2x2)+ x2(1-2x1) =m?

Bai 3: Cho tam gidc ABC(AB>AC ; B;JXC >90°). I, K thr tu 1a cac trung diém cia

AB, AC. Cac duong tron dudng kinh AB,AC cét nhau tai diém tha hai D; tia BA cit
duong tron (K) tai diém thi hai E, tia CA cét duong tron (I) tai diém tht hai F.

a) Chung minh bai diém B,C,D thang hang

b) Chimg minh ti giac BFEC ndi tiép.

¢) Chtng minh ba duong thing AD, BF, CE dong quy

d) Goi H 1a giao diém thir hai cta tia DF v&i dudng tron ngoai tiép tam giac AEF.

Hay so sanh d6 dai cac doan théng DH,DE.

Bai4: Xét hai phuong trinh bac hai : ax?>+bx+c = 0; cx? +bx+a = 0.
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Tim hé thtc gitta a,b,c 1a di€u kién can va du dé hai phuong trinh trén c6 mot

nghiém chung duy nht.

DE:III
. o, 1 24Jx =2 1 2
Bai 1: Cho biéu thic A = - : -
(\/;H x\/;—\/;+x—lj (\/}—1 x—J
1) Rat gon A

2) V6i GT nao cua x thi A dat GTNN va tim GTNN do
Bai 2: Gidi bdi todn bang cdach ldp phwong trinh
Mot ngudi di xe may tir A dén B cach nhau 120km véi van tc du dinh trude .Sau

khi di dugc 1 quang duong AB ngudi dé ting van toc 1én 10km/h trén quing
3

duong con lai. Tim van tdc du dinh va thoi gian lan banh trén duong, biét rf?mg
ngudi d6 dén B sém hon dy dinh 24 phut.
Bai3:Cho dudng tron (O) ban kinh R va mot day BC ¢6 dinh. Goi A 1a diém chinh
giita cta cung nho BC. Liy diém M trén cung nho AC, ké tia Bx vudng goc véi tia
MA & 1 va cit tia CM tai D.
1) Ching minh AMD=ABC va MA la tia phan giac cia goc BMD.
2) Ching minh A 13 tdm dudng tron ngoai tiép tam gidc BCD va goc BDC ¢ do
16n khong phu thude vao vi tri diém M.
3) Tia DA cit tia BC tai E va cit dudng tron (O) tai diém thir hai F, chimg minh
AB 14 tiép tuyén cta duong tron ngoai tiép tam giac BEF.
4) Chirng minh tich P=AE.AF khong d6i khi M di dong. Tinh P theo ban kinh R

va ABC =«
Bai4: Cho hai bat phuong trinh :  3mx -2m>x+1 (1)
m-2x<0 (2)
Tim m d¢ hai bat phuong trinh trén c6 cing tap hop nghiém

\ - . 2 . 2 , 2x+1 1 x+4
Bail(2 diém): Cho biéu thirc P= - l-—
L/)f—] \/;—IJ ( X+ x+lj

a) Rut gon P
b) Tim GT nguyén cta x dé P nhan GT nguyén duong.
Bai 2(3 diém): Gidi bai todn bang cdch ldp phwong trinh
Mot ngudi du dinh di xe dap tir A dén B cach nhau 96km trong thoi gian
nhit dinh.Sau khi di dugc nira quing dudng nguodi d6 dung lai nghi 18 phut.
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Do do dé dén B dung hen nguoi d6 da tang van toc thém 2km/h trén quang

duong con lai. Tinh vén téc ban dau va thoi gian xe lan banh trén dudng.
Bai3(5diém):Cho tam gidc ABC vuédng tai A,dudng cao AH. Puong tron dudng kinh
AH cit cac canh AB,AC lan lot tai E va F.

1) CMR: Tt gidc AEHF 14 hinh chir nhat

2) C/m: AE.AB = AF.AC

3) Puong thing qua A vudng goc véi EF cat canh BC tai I. Chimg minh I

1a trung diém cuia BC.
4) C/m néu dién tich tam giac ABC gap d6i dién tich hinh chit nhat AEHF

thi tam gidc ABC vudng can.

.. 2 2 Jx 1 1 2
Bail(3 di€ém): ChObleuthUCP:Lﬁ_l_x_\/}]:[\/;ﬂer—lj
a) Rut gon P
b) Tim cac GT ctia x dé P>0
¢) Tim cac s6 m dé c6 cac GT cia x thoa man P.v/x = m—+/x .

Bai 2(3 diém): Gidi bai todn bang cdch ldp phwong trinh

Mot xe tai va mot xe con cung khoi hanh tir A di dén B. Xe tai di voi van
tde 40km/h, xe con di vdi van tbc 60km/h. Saukhi mdi xe di duoc ntra
duong thi xe con nghi 40 phut ri chay tiép dén B; xe tai trén quing duong
con lai da tang van téc thém 10km/h nhung van dén B chdm hon xe con nira
gi0. Hay tinh quang duong AB.
Bai 3(4 diém): Cho duodng tron (O) va mdt diém A niam ngoai duong tron. Tir A ké
hai tiép tuyén AB,AC va cat tuyén AMN véi duong tron (B,C,M,N thudc duong tron;
AM<AN). Goi I 1a giao diém thtr hai ctia duong thang CE voi dudng tron (E 1a trung
diém ciia MN).
a) Chung minh 4 diém A,0.E,C cung nam trén mot duong tron.
b) Chung minh : AOC = BIC;
¢) Ching minh : BI//MN
d) Xac dinh vi tri cat tuyén AMN dé dién tich tam giac AIN 16n nhat.

PE:VI

Bai 1(3diém): Cho biéu thirc P =[&6§f2)+ &3_2]{6;2 - \/;\/;_J

a) Rut gon P
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b) Tinh GT cua P biét x=6-2+/5

¢) Tim cac GT cta n dé c6 x thoa man P.(vx +1) > Vx +n.

Bai 2(3 diém): Gidi bai todn bang cdch ldp phwong trinh

Mot ca no chay trén song trong 8h, xudi dong 81 km va ngugc dong 105km.
Mot 1an khéc ciing chay trén khic song do, ca nd niy chay trong 4h, xudi
dong 54km va ngugc dong 42km. Hay tinh van tdc khi xudi dong va nguoc
dong ciia ca nd, biét van tdc dong nudc va van tdc riéng cia ca nd khong
doi.
Bai3(4diém):Cho dudng tron (O) dudng kinh AB=2R, diy MN vudng goc voi day
AB tai I sao cho IA< IB. Trén doan MI ldy diém E (E khac M va I).Tia AE cat duong

tron tai diém thr hai K.

a) Chtng minh t&r giac IEKB ndi tiép.

b) C/m tam giac AME,AKM dong dang va AM? =AE.AK

¢) C/m: AE. AK+BIL.BA=4R?

d) Xéc dinh vi tri diém I sao cho chu vi tam giac MIO dat GTLN.
DE:VII
B.Bai tap bt budc(8 diém):

Bai 1(2.5 diém): Cho biéu thirc P =(J¥ - j;* flj : ( fﬁ . f__x“]

a) Rut gon P
b) Tim cac GT cua x dé P<0
¢) Tim GTNN cua P
Bai2(2 diém): Gidi bdi todn bang cdch ldp phwong trinh

Mot cong nhan du dinh lam 150 san phém trong mogt thoi gian nhat dinh.
Sau khi lam duogc 2h vo1 nang xuat dy kién, nguoi do da cai tién cac thao
tac nén di ting ning xuadt dugc 2 san phdm mdi gid va vi vy di hoan
thanh 150 san pham sém hon du kién 30 phat. Hiy tinh nang xuat dy kién
ban dau.
Bai3(3.5 diém):Cho dudng tron (O) dudng kinh AB ¢b dinh va mot duong kinh EF
bat ki (E khac A,B). Tiép tuyén tai B voi duong tron cit cac tia AE,AF 1an luot tai
H,K . Tir K ké dudng thang vudng goc v6i EF cat HK tai M.
a) C/m tu giac AEBF la hinh chir nhat
b) C/m tir giac EFKH ndi tiép dudng tron

¢) C/m AM la trung tuyén ctia tam giac AHK
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d) Goi P,Q 1a trung diém tuong ung ctia HB, BK, xac dinh vi tri cia duong

kinh EF dé t&r giac EFQP ¢6 chu vi nho nhit.

PE:VIII
.- .2 , 1 \/;—1 1—\/;
Bai 1: Cho biéu thitc P= | Vx —— |:
a) Rut gon P
. 2
b) Tinh GT cua P khi x =
) u X s

¢) Tim cac GT ctia x thod man P./x =64/x —3-/x—4
Bai 2: Gidi bai todn bang cdch ldp phwong trinh
Pé hoan thanh mét cong viéc, hai to phai lam chung trong 6h. Sau 2h lam
chung thi t6 hai bi diéu di lam viéc khac , t6 mot d3 hoan thanh ndt cong
viéc con lai trong 10h. Hoi néu mdi t6 1am riéng thi sau bao lau s& hoan
thanh cong vié¢c.
Bai3: Cho dudng tron (O;R) , duong thang d khéng qua O cit duong tron tai hai diém
phan biét A,B. Tir mot diém C trén d (C nam ngoai dudng tron), ké hai tiép tuyén CM,
CN t6i duong tron(M,N thudc O). Goi H 13 trung diém ctua AB, duong thing OH cit
tia CN tai K.

1) C/m 4 diém C,0,H,N thudc mot duong tron

2) C/m : KN.KC=KH.KO

3) Doan thrflng CO cit (O) tai I, ching minh I cach déu CM,CN,MN.

4) Mot duong thiang di qua O va song song vdi MN cit cac tia CM,CN lan
luot tai E va F. Xac dinh vi tri cua diém C trén d sao cho dién tich tam
giac CEF nho nhat.

DE:IX

1 1

Bai 1: Cho biéu thirc P= :
(\/ZH " \/Z—J

a+3\/5+2 _a+\/2}
Wa+2)a-1) a-1

a) Rut gon P

b) Tima dé : %—\/;;121.

Bai2: Gidi bai todn bang cdch ldp phwong trinh
Mot ca nd xudi dong trén mot khic song tir bén A dén bén B cach nhau
80km, sau do lai ngugoc dong dén dia diém C cach B 72km, thoi gian ca nd
xudi dong it hon thoi gian ca ndé nguoc dong 15 phat. Tinh van tdc riéng

cua ca nd, bi€t van tdc cua dong nudc 1a 4km/h.




COM VnDoc - Tii tai li¢u, viin ban phap luit, biéu miu mién phi
Bai3: Tim toa d0 giao di€ém A va B cta d6 thi hai ham s6 y=2x+3 va y=x?. Goi D va

C 1an luot 13 hinh chiéu vudng gbéc cua A va B trén truc hoanh. Tinh dién tich t&r gidc
ABCD.
Bai 4: Cho dudng tron (O) dudng kinh AB=2R, C 1a trung diém ctia OA va day MN
vudng goc voi OA tai C. Goi K 1a diém tuy y trén cung nhé BM, H 14 giao diém cua
AK va MN.

1) Chirng minh tir gisc BCHK noi tiép

2) Tinh tich AH.AK theo R.

3) Xac dinh vi tri ctia diém K dé tong (KM+KN+KB) dat GTLN va tinh

GTLN do?

Bai 5:Cho hai s6 duong x,y thoa mén diéu kién x+y =2. Chtrng minh: x2y2(x>+y?) <2.
DE:X

A - A . X , 1 Jx Jx
Bai 1(2.5 diém): Cho biéu thic P = | — : _
- = ° [\/;+\/;+1] x++/x
a) Rut gon P
b) Tinh GT cua P khi x=4

c) TimxdéP=?.

Bai 2(2.5 diém): Gidi bai todn bang cdch ldp phwong trinh

Thang thtr nhat hai to san xuat dugc 900 chi tiét may.Thang thir hai t6 I vot
mtc 15%, t6 11 vuot mirc 10% so véi thang thir nhat. Vi vay hai t6 da san
xuat duoc 1010 chi tiét may. Hoi thang thir nhat mdi to san xuat dugc bao

nhiéu chi tiét may.

Bai3 (1 diém): Cho Parabol (P): y=%x2 va duong thang (d) c6 phuong trinh

y = mx+1.
1) C/m dudng thang (d) ludn cat Parabol (P) tai hai diém phan biét voi moi
m
2) Goi A,B 1a hai giao diém cua (d) va (P). Tinh dién tich tam giac OAB
theo m (O 1a gdc toa do).
Bai 4(3,5 diém): Cho duodng tron (O) ban kinh AB=2R va E 1a diém bat ky trén
duong tron d6 (E khac A,B). Pudng phan giac goc AEB cét doan thang AB tai F va
cit dudng tron (O) tai diém thtr hai K khac A.
1) C/m hai tam giac KAF va KEA dong dang.
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2) Goi I 1a giao diém cua duong trung truc doan EF vo1 OE. Ching minh

duong tron (LIE) tiép xuc (O) tai E va tiép xtic AB tai F.
3) Goi M,N lan luot 1a giao diém thi hai cua AE, BE véi duong tron (LIE).
C/m MN//AB
4) Goi P 1a giao diém cta NF va AK; Q 1a giao diém ctia MF va BK. Tim
GTNN cua chu vi tam giac KPQ theo R khi E chuyén déng trén (O).
Bai 5(0.5 diém): Tim GTNN ciia biéu thirc A=(x-1)*+(x-3)*+6(x-1)%(x-3)?
DE:XI

Jr 3 6dx-4

Bail: Cho biéu thitc P= +
Jx-1 Jx+1  x-1

a) Rut gon P

b) Tim cac GT ctia x dé P <%.

Bai 2: Gidi bai todn bang cdch ldp phirong trinh
Mot ngudi di xe dap tir A dén B cach nhau 24km.Khi tir B tré vé& A nguoi
d6 ting van toc thém 4km/h so véi luc di, vi vy thoi gian vé it hon thoi
gian di 30 phat . Tinh vén téc ciia nguoi di xe dap khi di tir A dén B.
Bai 3: Cho phuong trinh x? +bx+c=0
1) Giai phuong trinh khi b=-3; c=2
2) Tim b,c dé phong trinh ¢6 hai nghém phan biét va tich bang 1.
Bai 4:Cho dudng tron (O;R) tiép xuc véi dong thang d tai A.Trén duong thang d lay
diém H (H khac A) va AH<R. Qua H ké duong thang vudng goc véi d cat duong tron
tai hai diém phan biét E, B (E nam gitra B va H).
1) Ching minh ABE=EAH va A4BH ~ AEAH .
2) Lay diém C trén duong thang d sao cho H 1a trung diém ctia AC, duong
thang CE cat AB tai K. C/m ttr gidc AHEK néi tiép.
3) Xéc dinh vi tri ctia diém H dé AB = R+/f3.
Bai 5: Cho dudng thang y = (m-1)x+2. Tim m dé khoang cach tir gbc toa do O t6i
duong thing d6 16n nhat.
DE:XII

Bai 1(2.5 diém): Cho biéu thuc P =(%+ gﬁ J : xﬁ;

a) Rut gon P
b) Tinh GT cua P khi x=4
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c)TimGTcﬁaxdéP=%

Bai 2(2.5 diém): : Gidi bai todn bang cdch ldp phwong trinh, hé phirong trinh

Thang tht nhat hai to san xuat duoc 900 chi tiét may. Thang tha hai to I
vuot mic 15% va to 11 vugt mic 10% so véi thang thir nhét, vi vay hai td san
xuit dugc 1010 chi tiét may. Hoi thang thi nhat mdi t6 san xuit dugc bao

nhiéu chi tiét may?

Bai 3(1.0 diém): Cho Parabol (P) : y =%x2 va dudng thang (d) c6 phuong trinh

y =mx+1.
1) Chtng minh véi moi m duong thang (d) ludn cat Parabol (P) tai hai diém
phan biét A,B.
2) Tinh dién tich tam giac AOB theo m (O 1a gbc toa do)
Bai 4(3.5 diém): Cho duong tron (O) dong kinh AB=2R va E la diém bat ki trén
duong tron d6(E khac A va B). Pudng phan giac goc AEB cét doan AB tai F va cit
duong tron (O) tai diém thir hai K.
a) C/minh AKAFoAKEA

b) Goi I 1a giao diém cta duong trung truc doan EF va OE, ching minh
duong tron (I) ban kinh IE tiép xtic v&i duong tron (O) tai E va tiép xac véi
duong thang AB tai F.
¢) Chimg minh MN//AB, trong d6 M, N 1an luot 1a giao diém thir hai cta
AE,BE véi dong tron ().
d) Tinh GTNN cua chu vi tam gidc KPQ theo R khi E chuyén dong trén
duong tron (O), v6i P 1a giao diém ctia NF va AK;Q 1a giao diém ctia MF
va BK.
Bai 5(0.5 diém): Tim GTNN cua biéu thirc P = (x-1)*+ (x-3)*+ 6(x-1)3(x-3)%
DE:XIII

Vx o 2dx  3x49
Jx+3 Jx-3 x-9

Bai 1(2.5 diém): Cho P = x>0&x#9.

1) Rat gon P.
2) Tim gia tri ctia x dé P =%.

3) Tim GTLN cua P.
Bai 2(2.5 diém): gidi bai todn bang cdch lgp phirong trinh
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Mot manh dat hinh chir nhat c6 dé dai duong chéo 1a 13m va chiéu dai 16n hon chiéu

rong 1a 7m. Tinh chiéu dai va chiéu rong cia manh dat d6?
Bai 3(1.0 diém): Cho Parabol (P): y = -x? va dudng thang (d) y = mx-1
1) CMR vé6i moi m thi (d) ludn cit (P) tai 2 diém phén biét.

2) Goi x1,x2 13 cac hoanh d6 giao diém cua (d) va (P). Tim gia tri cia m dé

X12X2 + X2°X] - X1X2 =3.

Bai 4(3.5 diém): Cho (O;R) dudng kinh AB =2R va diém C thudc duong tron do( C
khac A,B). D thudc day BC (D khac B,C). Tia AD cét cung nho BC tai E.tia AC cat
BE tai F.

1) C/minh t&r giac FCDE noi tiép

2) C/minh DA.DE = DB.DC

3) Chirng minh CFD = OCB . Goi I 1 tim duong tron ngoai tiép tir gidc FCDE
chtng minh IC 1a tiép tuyén cta (O).

4) Cho biét DF =R, ching minh tagAFB = 2.

Bai 5 (0,5 diém): Giai phuong trinh  x2 +4x +7 =(x+4)v/x> +7




